A necessary and sufficient condition for a decomposable operator, on a Hilbert space, to be equal to a normal plus a commuting quasi-nilpotent operator is found.
there.
The following result is due to Foias [6] , and for more results about decomposable operators the reader is referred to Colojoara and Foias [1] .
Theorem F (Foias).
If T is a decomposable operator on H, then: (i) T has the single-valued extension property.
(ii) For any <5<=ff(F), ô closed, Mà = {x E H:a(T, x)<^ö) is a spectral maximal space of T, and conversely if M is any spectral maximal space of T, then M=Md where ô = o(T\M).
A decomposable operator F on a Hubert space H is said to possess property (I) if, for every closed set ô, o(T,Pöx)<^o(T,x) for all xeH, where P3 denotes the projection of H onto M6.
Proposition. Let T be a decomposable operator with property (I), then o(T, x) C\a(T,y)=0
implies that (x, y)=0. The property a(T, x)C\a(T,y)=0
implies (x,y)=0 is due to Stampfli [9] and is the orthogonality version of Dunford's boundedness condition (B) [4] . If T=N+Q where N is normal and Q is quasi-nilpotent such that QN=NQ, then T has property (I) (since in this case Pô will commute with T).
In order to prove our main result we need the following Lemma.
Lemma. Let T be a decomposable operator with property (I). Then for every closed set ô, M£-=MÔ,, where à' is the complement of ô. Remarks. The author, in [10] , proved by a different method, that a hyponormal decomposable operator with property (I) is normal. This result now easily follows from the Theorem. Putnam [8, p. 476] has shown the existence of hyponormal nonnormal operators with totally disconnected spectrum. It is a fact that operators with totally disconnected spectrum are decomposable. Thus a decomposable hyponormal operator is not necessarily normal.
